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COMPLETING THE SQUARE FORMULA ALGEBRA 21s A VITAL TECHNIQUE IN ALGEBRA THAT ENABLES STUDENTS TO SOLVE
QUADRATIC EQUATIONS, TRANSFORM QUADRATIC FUNCTIONS, AND ANALYZE THEIR PROPERTIES MORE EFFECTIVELY. THis
METHOD NOT ONLY PROVIDES AN ALTERNATIVE TO THE QUADRATIC FORMULA BUT ALSO HELPS IN UNDERSTANDING THE VERTEX
FORM OF A PARABOLA. IN THIS ARTICLE, WE WILL DELVE INTO THE PROCESS OF COMPLETING THE SQUARE, ITS APPLICATIONS,
AND THE REASONING BEHIND THE TECHNIQUE, WHILE ALSO PROVIDING EXAMPLES AND PRACTICE PROBLEMS FOR BETTER
COMPREHENSION.

UNDERSTANDING QUADRATIC EQUATIONS

QUADRATIC EQUATIONS ARE POLYNOMIAL EQUATIONS OF DEGREE TWO, GENERALLY EXPRESSED IN THE STANDARD FORM:
\[ax*2 +ex+c=0\]

wHERe \( A \), \( & \), AnD \( ¢ \) ArRe consTANTS, AND \( A \NEQ O \). THE SOLUTIONS TO THESE EQUATIONS CAN BE
FOUND USING VARIOUS METHODS, INCLUDING FACTORING, USING THE QUADRATIC FORMULA, AND COMPLETING THE SQUARE.

THE IMPORTANCE OF COMPLETING THE SQUARE

COMPLETING THE SQUARE SERVES SEVERAL PURPOSES IN ALGEBRA!

1. FINDING ROOTS: IT ALLOWS US TO REWRITE THE QUADRATIC EQUATION IN A FORM THAT MAKES IT EASIER TO SOLVE FOR
THE variaBLE \( x \).

2. GRAPHING QUADRATICS: IT HELPS IN CONVERTING THE STANDARD FORM OF A QUADRATIC FUNCTION INTO VERTEX FORM,
MAKING IT SIMPLER TO IDENTIFY THE VERTEX AND AXIS OF SYMMETRY.

3. DERIVING THE QUADRATIC FORMULA: THE TECHNIQUE PROVIDES A FOUNDATION FOR DERIVING THE QUADRATIC FORMULA
FROM THE STANDARD FORM OF A QUADRATIC EQUATION.

THe Process oF COMPLETING THE SQUARE

TO COMPLETE THE SQUARE, WE FOLLOW A SYSTEMATIC APPROACH. HERE’S A STEP-BY-STEP GUIDE:

STEP 1: START WITH THE STANDARD FORM

BEGIN WITH THE QUADRATIC EQUATION IN STANDARD FORM:
\[ax"2 +Bx+c=0\]
IF\C A \) IS NOT EQUAL TO 1, DIVIDE THE ENTIRE EQUATION BY \( A \) TO SIMPLIFY:

\[ x*2 + \rrac{s}{ alx + \rrac{c}{a} =0\]

STEP 2: MoVE THE CONSTANT TERM TO THE OTHER SIDE

REARRANGE THE EQUATION BY MOVING THE CONSTANT TERM (\( \Frac{c}{a} \)) To THE RIGHT sIDE:



\[ x*2 + \rrac{B} aIx = -\rrac{c}{a} \]

ST1ep 3: FIND THE VALUE TO COMPLETE THE SQUARE

TO COMPLETE THE SQUARE, TAKE HALF OF THE COEFFICIENT OF \( x \) (wHicH 1s \( \Frac{e}{A} \)), SQUARE IT, AND ADD IT
TO BOTH SIDES. THE VALUE TO ADD IS:

\[\Lert( \rrac{}{2A} \riGHT)"2 \]
So, THE EQUATION BECOMES:

\[ x*2 + \rrac{B}{Alx + \LErT( \FrRAC{B}{2A} \RIGHT)"2 = -\FrAc{c}{ A} + \LerT( \FrAc{B}{2A} \RIGHT)"2 \]

STeP 4: RewWRITE THE LEFT SIDE AS A SQUARE

NO\X/, THE LEFT SIDE OF THE EQUATION CAN BE FACTORED INTO A PERFECT SQUARE:

\[\LerT( x + \rrac{BX 2A3 \rIGHT)"2 = -\rrAac{c} A} + \LerT( \FrrAac{8}{2A} \rIGHT)"2 \]

Step 5: SoLve For \( x \)

FINALLY, TAKE THE SQUARE ROOT OF BOTH SIDES AND SOLVE FOrR \( x \):
\[ x + \rrac{B}{2A} = \PM \s@rT{-\FrAac{c}{ A} + \LerT( \FrAc{}{2A} \riIGHT)"2} \]
SueTrACT \( \rrAac{B}{2A} \) FROM BOTH sIDES TO 1IsSOLATE \( X \):

\[ x = -\rrac{B} 2A} \PM \s@rT{-\Frac{cH{ A} + \LerT( \FrAac{B}{2A} \rRIGHT)" 2} \]

ExAMPLE OF COMPLETING THE SQUARE

LET’S APPLY THE METHOD OF COMPLETING THE SQUARE TO A SPECIFIC QUADRATIC EQUATION:
ExAMPLE EQUATION:

\[ 2x*2 + 8x-10=0\]

Step 1: DiviDE BY 2

\[x*2+4x-5=01\]

STep 2: MovE THE CONSTANT TO THE RIGHT SIDE

\[x*2+4x=5]

STeP 3: COMPLETE THE SQUARE

T AKE HALF OF 4, SQUARE IT, AND ADD TO BOTH SIDES:

\[\eerT( \rrAc{4}{2} \riGHT)"2 = 4 \]



So, WE ADD 4 TO BOTH SIDES:
\[x"2+4x+4=5+4\]

THIS SIMPLIFIES TO:

\[(x+2)"2=91\]

Step 4: SoLve For \( x \)

TAKING THE SQUARE ROOT OF BOTH SIDES:
\[x+2=\pm3\]

THUS, WE HAVE TWO SOLUTIONS:

T\N(x+2=3VF \(x=1))
2.\ (x+2=-3)F \(x=-5))

SO, THE SOLUTIONS TO THE ORIGINAL EQUATION \( 2x"2 + 8x - 10=0\) ArRe \( x = 1 \) anDp \( x =-5\).

APPLICATIONS oF COMPLETING THE SQUARE

COMPLETING THE SQUARE IS WIDELY USED IN VARIOUS APPLICATIONS, INCLUDING:

1. GRAPHING QUADRATIC FUNCTIONS

TO GRAPH A QUADRATIC FUNCTION, CONVERTING IT INTO VERTEX FORM \( ¥ = A(X = H)"2 + k \) USING COMPLETING THE
SQUARE CAN HELP IDENTIFY THE VERTEX \((H, K)\), WHICH IS CRUCIAL FOR SKETCHING THE PARABOLA.

2. SoLVING REAL-\W ORLD PROBLEMS

QUADRATIC EQUATIONS OFTEN REPRESENT REAL-\WWORLD PHENOMENA, SUCH AS PROJECTILE MOTION. COMPLETING THE SQUARE
CAN PROVIDE INSIGHTS INTO MAXIMUM HEIGHT OR THE TIME OF FLIGHT.

3. ANALYZING THE VERTEX AND AXIS OF SYMMETRY

THE VERTEX FORM OBTAINED FROM COMPLETING THE SQUARE ALLOWS FOR EASY IDENTIFICATION OF THE VERTEX AND THE AXIS
OF SYMMETRY OF THE PARABOLA, WHICH IS ESSENTIAL IN OPTIMIZATION PROBLEMS.

PRACTICE PROBLEMS

TO SOLIDIFY YOUR UNDERSTANDING OF COMPLETING THE SQUARE, TRY THESE PRACTICE PROBLEMS:

1. COMPLETE THE SQUARE FOR THE EQUATION \( X2 + 6x-7=0\).
2. SoLVE THE EQUATION \( 3x*2 - 12x + 9 = 0 \) BY COMPLETING THE SQUARE.
3. ConverT THE FUNCTION \( F(x) = x*2 + 8x + 15 \) INTO VERTEX FORM.



CoNcCLUSION

COMPLETING THE SQUARE IS AN ESSENTIAL ALGEBRAIC TECHNIQUE THAT NOT ONLY AIDS IN SOLVING QUADRATIC EQUATIONS
BUT ALSO ENHANCES THE UNDERSTANDING OF QUADRATIC FUNCTIONS AND THEIR PROPERTIES. BY MASTERING THIS METHOD,
STUDENTS CAN APPROACH PROBLEMS WITH GREATER CONFIDENCE AND INSIGHT, PAVING THE WAY FOR FURTHER STUDIES IN
ALGEBRA AND BEYOND. THROUGH PRACTICE AND APPLICATION, THE SKILL OF COMPLETING THE SQUARE WILL BECOME A
VALUABLE TOOL IN YOUR MATHEMATICAL TOOLKIT.

FREQUENTLY ASkeD QUESTIONS

WHAT IS THE COMPLETING THE SQUARE FORMULA IN ALGEBRA?

THE COMPLETING THE SQUARE FORMULA IS USED TO TRANSFORM A QUADRATIC EQUATION OF THE FORM AX"2 + BX + C INTO A
PERFECT SQUARE TRINOMIAL, TYPICALLY WRITTEN AS (X +P)"2 = Q.

How Do YOU COMPLETE THE SQUARE FOR THE EQUATION x*2 + 6x + 5?

TO COMPLETE THE SQUARE, TAKE HALF OF THE COEFFICIENT OF X (WHICH IS 6), SQUARE IT (9), AND REWRITE THE EQUATION
as (x+3)"2 - 4.

W/HY IS COMPLETING THE SQUARE USEFUL IN SOLVING QUADRATIC EQUATIONS?

COMPLETING THE SQUARE ALLOWS US TO REWRITE THE QUADRATIC EQUATION IN VERTEX FORM, MAKING IT EASIER TO IDENTIFY
THE VERTEX AND SOLVE FOR X USING THE SQUARE ROOT METHOD.

\WHAT STEPS ARE INVOLVED IN COMPLETING THE SQUARE?

1. START WITH THE QUADRATIC IN STANDARD FORM. 2. MOVE THE CONSTANT TERM TO THE OTHER SIDE. 3. T AKE HALF OF THE
COEFFICIENT OF X, SQUARE IT, AND ADD IT TO BOTH SIDES. 4. FACTOR THE LEFT SIDE AND SIMPLIFY THE RIGHT SIDE.

CAN COMPLETING THE SQUARE BE USED FOR ANY QUADRATIC EQUATION?

YES/ COMPLETING THE SQUARE CAN BE APPLIED TO ANY QUADRATIC EQUATION, REGARDLESS OF WHETHER IT CAN BE FACTORED
EASILY.

How DOES COMPLETING THE SQUARE RELATE TO THE QUADRATIC FORMULA?

COMPLETING THE SQUARE IS A METHOD THAT LEADS TO THE DERIVATION OF THE QUADRATIC FORMULA, PROVIDING A
SYSTEMATIC WAY TO FIND THE ROOTS OF ANY QUADRATIC EQUATION.

\WHAT IS THE VERTEX FORM OF A QUADRATIC EQUATION OBTAINED BY COMPLETING THE
SQUARE?

THE VERTEX FORM OF A QUADRATIC EQUATION IS GIVEN BY Y = A(X - H)AQ + K, WHERE (H, K) IS THE VERTEX OF THE
PARABOLA.

How CAN YOU CHECK IF YOU HAVE COMPLETED THE SQUARE CORRECTLY?

YOU CAN VERIFY YOUR WORK BY EXPANDING THE COMPLETED SQUARE AND ENSURING THAT IT SIMPLIFIES BACK TO THE ORIGINAL
QUADRATIC EQUATION.
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